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Given a “Kubilius-type” sequence fn of additive functions fn : {1, . . . , n} → G, where G is a Hilbert
space, the author is interested in conditions ensuring the weak convergence of the sequence of probability
measures Pn (B) = n1 · #{m ∈ {1, . . . , n}; Xn (·, m) ∈ B}, where B ⊂ {1, 2, . . . , n}, and where
∑

Xn (t, m) =

(fn (pαp (m) ) − gn (p))

p≤yn (t)

with some centralizing elements gn (p) ∈ G. The sequence fn is of Kubilius type, if
∥fn (p)∥
= 0,
p
∑
2
1
and if there is a sequence rn′ ≥ 1, log rn′ = o(log n) such that lim
p ∥fn (p)∥ = 0.
lim ∥fn (pα )∥ = 0,

n→∞

lim max

n→∞ p≤n

′ <p≤n
rn

Theorem 1 describes the set of limit points of {Pn ; n ≥ 1}.
Theorem 2 gives necessary and suﬃcient conditions for the weak convergence of Pn :
∑
∥fn (p)∥2
fn (p),
(1) sup ∥mn (t) − m(t)∥ → 0, as n → ∞, where mn (t) = −
p(1 + ∥fn (p)∥2 )
0≤t≤1
p≤yn (t)

(2) the sequence {Tn (1); n ≥ 1} is compact, where (Tn (t) · x, y) =

∑
p≤yn (t)
∥fn (p)∥≤1

1
(fn (p), x) · (fn (p), y), and
2

two further (complicated) conditions.
Theorem 3 deals with the (weak) convergence of distribution functions.
[For the entire collection see Zbl 0754.00023.]
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