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In his famous 1955 FAC paper, J.-P. Serre asked if all ﬁnitely generated projective k[X1 , . . . , Xn ]-modules
are free when k is a ﬁeld. This question became known as “Serre’s conjecture” and was ﬁnally answered
aﬃrmatively and independently by Quillen and Suslin in 1976. This book is a greatly expanded and
updated version of the author’s (now out of print) “Serre’s Conjecture” [Lect. Notes Math. 635 (1978; Zbl
0373.13004)]. Chapters 1–5 and 7 of the present volume correspond to the six chapters of the Lecture
Notes volume. Besides the many updates and revisions here and there, the totally new additions are
chapter 6 on K1 -analogs of Serre’s conjecture and chapter 8 on new developements since 1977.
The book starts with the basics of projective modules and the K0 and K1 groups, and then gives the
classical, partial results about Serre’s conjecture. It then gives careful treatments of the solution by
unimodular rows and the solution using Horrock’s theorem and Quillen’s patching theorem. Several
analogs of Serre’s conjecture are also discussed. The ﬁrst seven chapters are self-contained with all proofs
and deﬁnitions, and assume only a beginning graduate course in algebra. The ﬁnal chapter concerning
the new developments (since 1977) is more expository in nature and does not include proofs. However,
it has over 600 references. This well-written book is the deﬁnitive treatment of “Serre’s conjecture” – its
history, solution, and generalizations – and will be of interest to both beginning graduate students and
advanced researchers in this ﬁeld.
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