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This book has been written by Carlo Mazza and Charles Weibel on the basis of the lectures on motivic
cohomology that Vladimir Voevodsky gave at the Institute for Advenced Study in Princeton in 1999–
2000. It is essentially self-contained and contains all the results on ﬁnite correspondences, presheaves with
transfers, étale and Nisnevich sheaves with transfer, necessary to introduce the motivic complex Z(q) for
every q ≥ 0 and to prove the main properties of the motivic cohomology groups H p,q (X, Z). More
generally, for any abelian group A, motivic cohomology with coeﬃcients in A is a family of contravariant
functors
H p,q (−, A) : Sm/k → Ab
from the category of smooth schemes over a ﬁeld k to the category of abelian groups. In particular the
book deals wit the following results for motivic cohomology (here X is a smooth scheme of ﬁnite type
over a ﬁeld)
H p,q (X, A) = 0 for q < 0;
(1)

∗

OX
p,1
H (X, Z) ≃ Pic X


0

if p = 1,
if p = 2,
if p ̸= 1, 2;

(2)

(3) for a ﬁeld k : H p,p (Spec k, A) = KpM (k) ⊗ A, where K∗M (k) is Milnor K-theory;
(4) for a strict Hensel local ring S over k and an integer n prime to the characteristic
{
if p = 0,
µ⊗q
n (S)
H p,q (S, Z) ≃
0
if p ̸= 0,
where µ⊗q
n (S) is the group of n-roots of unit in S;
(5) one has H p,q (X, A) = CHq (X, 2q − p; A), where CHi (X, j; A) denotes the Bloch higher Chow groups
of X. In particular:
H 2q,q (X, A) = CHq (X) ⊗ A,
where CHq (X) is the classical Chow group of codimension q cycles modulo rational equivalence.
The book also contains the deﬁnitions and the main properties of the tensor triangulated category
eﬀ,−
DMNis
(k, R) where R is a ring, as deﬁned by Voevodsky and its subcategory of eﬀective geometrieﬀ
cal motives DMgm
: homotopy, Mayer-Vietoris, projective bundle decomposition, blow-up triangles, Gysin
sequence and the cancellation theorem.
In the case k is a perfect ﬁeld which admits resolution of singularieties then Grothendieck’s category of efeﬀ,−
eﬀ
(k, Z).
fective Chow motives Mrat (k) embeds as a full subcategory into DMgm
(k, Z) and hence into DMNis
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