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The article develops a systematic approach to the classical question for which Banach spaces E, F and
operator ideals A ⊆ B the component A(E, F ) cannot be complemented in B(E, F ) without being equal
to it. For A = K and B = L, the ideals of compact and all operators, respectively, it had been conjectured
by Lindenstrauss that this is always the case, which was refuted by a spectacular construction of S. A.
Argyros and R. G. Haydon [Acta Math. 206, No. 1, 1–54 (2011; Zbl 1223.46007)] of a Banach space where
K(E) is 1-co-dimensional in L(E).
The principal idea of the present approach is a reduction to the study of certain spaces of vector valued
sequences (like all compact or weakly compact sequences in E) and to apply (a version of) the classical
fact that c0 is not complemented in ℓ∞. This approach gives many new results as well as new systematic
proofs for known facts about operator ideals and generalizes quite easily to larger classes of locally convex
spaces.
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